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Combinatorial Markets with Side Payments
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T -Core Stability

Let T = {Ty, ..., T|7|} be a partition of the agent set N = I U J. Payoff

transfers after trading are allowed only among agents within the
same subset.

Definition 1. A vector p € RY is in the T- core C’(E]) of the

market &;, if, under the market restrictions,

- the agents in each subset T € T can jointly realize the total payoff
ZkET Pk and

- no coalition C can deviate and achieve, for every induced subset
T N C, a payoff greater than ).r.ernc Pk -

(71Ul _core = TU-core, and 7°-core = NTU-core.]

Theorem 1. In our market settings, the set of core-stable vectors is
the same whether payoff is exchanged within the market (via side
payments) or after trading. Formally,

CT(ER) = CTVTT(ER).

Main Results

Theorem 2. Two market settings are payoff equivalent if the
realizable payoff vectors are the same in both settings. The following
holds:
- All order settings with full and separate side payments are payoff
equivalent.
The fourth-order and the fifth-order settings with buyers' single
side payments are payoff equivalent.
The third-, fourth-, and fifth-order settings with sellers' single side
payments are payoff equivalent.

Theorem 3. The T-cores C” (£}) coincide for:
all market settings with 7" such that 7 v I'" > T5€P,
the fourth-order and the fifth-order settings with any side-
payment restriction and arbitrary T,
the third-order setting with any side-payment restriction and J°

suchthat 7 v 7T = 7sell
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